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HNCLEMESASFNORE, u:

c flx)=x2+1
+ f(x) =sinx + cos 2x

© fx) = 1+<13*X

) f(x):{L xeQ
0, x¢Q

REREHELRMT x 5y OEMXR, WERMNNKROAEREERHHIEX.
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EX 1 [BRZK].
SIFE—1AZBHNITXR, & dom(f) = A HEXNFTIE x € dom(f), FFEE—H
y € ran(f) 13 (x,y) € f, WK f 2 A Bl B B9RZL (8REY), i2/Ef: A — B, xfy #
1BfEy =f(x), HRy N f&ExNE.

51 2.
1. f1 ={(x1,Y1), (x2,Y2), (x3,y1)} @—TEREL

2- f2 = {(leyl)v (X2792)7 (X37y1)7 (X17y2)} Z<%_/|\|Z|§SZO

#NFE BE
1. ERENTLZTTRELERFEN, BN x o AIBRE— D n 754,
2. W18 dom(f) Cc A, WFR f 2 A 2 B 98B &% (Partial Function), X2—fiAE,
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P REESE

—PNREETUER—TES, EWMREBEFTUMER M EEEE,

EX 3 [BRERABE].
SFGRERH, WF=GeFCGAGCEF, BIEF=GNUEMNEG:

1. dom(F) = dom(G)

2. Vx € dom(F), F(x) = G(x)

(x) =x—1F0 f(x) = =L ERBZEW,

x+1

2. BREL f(x) = sin(F — 2x) S g(x) = cos 2x =EFH,
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- B QHREfA B, AL CA, M A ={f(x)|x €A} FRA A, 7E f THIR,

- TEREE QEEF:A—-B, B1CB, W B ={xIx€AANf(x) €B}FRN B, F&
f THRZ2REK.

- &S BN S BARTRATEM A B HRENES.

51 5.

/&\ A= {17273}78 = {(1, b}a f= {(1a (1), (2a (1)(3,b)}, Al = {172}a Bl :{(1}, )l_l\l-]

1. f £ AL FEIEA (A1) ={a).
2. f & B, FTH=EEEA f1(By) ={1,2)
3. BA ={fy,...f7}, XB fy~f; f£3F A F| B B9AREHT 8 THREL,
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- BERE ’f:A—-B, IRFEceBEBYMAENxc A, &5 f(x) =c, B

.
—

f(A) ={c}, IR f EFEREL,
BERE &8 A LHEEXR 1A WIREES®RE, BINTEEN xc A, &8

A(x)

—

Xo

%

- HHIERE: @ AREES, WT A CA, EXA LEHERE xa 7:

1, xeA’
Xar(x) =
0, x¢gA’
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- nIicE: BVERE A" - ATRA A £ n TEE,
o f(x,y) =x+vy, f(x,y,z) =x+y - zEXT A LW mEEN=Tiz&E.
- BRERE 2 (A,<A),(B,<g) B~ NMREFE, f:A =B
o MRNFAEEMN x,yc A, B x<aAy=f(x) < fly), W f 2EFBIEREL
o MBXNFERN x,yec A, BB x<ay=f(x) <g fly), WK 2 IERIEEBIZERE
U] B X BRIEE IR bR AR A BRI IR PR 2
« 2K FREfIA = CBRRA—INZHR,
il € F:R - RE Fla) = (fo(x) =x+a), FEILUER: F:a— [x — al:
o F(1)=f,(x)=x+1
o F(2)(3)=12(3)=3+2=5
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ERE dom(f) = A, BI&E— A PHTEAEE—H— D REUE.

EX 6 [2257 (Injective/One-to-one)].
2f:A =B, IRNTEEN x,yecA, &E f(x) =fy) =x=y, WK f22H,

EX 7 [i#53 (Surjective/Onto)].
L2 f:A =B, IRNTHEEN Y cB, &HFExc AFES f(x) =y, WK f 2%,

EX 8 [XX 5T (Bijective/One-to-one correspondence)l.
Qf:A-B, IR fEEFEHKS, WK 2WE ., WEEEIRA——IRET,
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51 9.
IEHIMT, FOIRMEE NP, Ha. W,

1. f1:R=R, fi(x) =x2

2. fo:ZT - R, fa(x) =Inx.
3. f3: R = Z, f3(x) = [x].

4 fy iR =R, fg(x) = 2x + 1.

% 10.
1. f) AREE, BARHE.
2. f, REH, BRARHN.
3. f; 2SS, BRAR2ERE,
4 £y BT,
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51 11.
BIRETIIES A M BAE—TREf:A— B, &5
1. A={1,2,3}, B={a,b,c}.
2. A=2({1,2,3}), B={0,1}{1:2:3}
3. A=Z,B=N.
4 A=(-3%,%),B=R

2x+1, x>0
x<0.
f = tan

f XS,

Shanghai Normal University
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HER PRI R, REBNEJUER TEHTESSEEE, BREEEGEE,

€2 13
BLEMMNREf:A—-BFg:B—C, W:
1. HES fog B2HRH.
2. fog(x) = g(f(x)).

ESM B

oLIER, BTHIMIXANENANEAES, FFURINEE:

fog(x) =g(f(x))

BENPLEZREES, WRHMEGHEAREERN: fog(x) =

[RHHNES]
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iEBA.

1. FAISEIUEDR f o g @1 REL.
o Wx €A, FfEyeBst f(x) =y HTF g BRE, M\MFEEze Cst. gly) =z, AL
(x,z) € fog, Bl dom(fog)=A.
o RIRTFE x € Ast. (x,y1), (x,y2) € fog, MTFTE 21, z, € Bst.
(x,21), (x,22) € £, (z1,Y1), (22,Y2) € g, FRREBIEN 21 =25, M Y1 =Yz, Bl fog 2K
.
2. WERM x € A, EH1E (x,f(x)) € f, (f(x),g(f(x))) € g, M (x,g(f(x))) € fog, BN
fog(x) = g(f(x)).
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TIE 14 [ERETAIE].
BER A B, U HEXRHHENSE f 20,

IEBA.
() iR REA, MNTFESN Y B, BEExc Ast 1 (y) =x, B f(x) =y,
M f ik, f ERENEEA0, S
(X179)7 (XQJ?U ef= (yvxl)v (anQ) S fil

M £ A2 RE. FELE f W5,
-+ (©)FEIE ! B9ESIHEB.

Vx EBIYy e Af(y) =x=f(x) =y = x € dom(f!) = dom(f!) =B

BiE 1 2R, & (x,y1), (x,y2) € 1, W (y1,%), (y2,x) € f, My =yo, BI
1 2R,
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EX 15 [REE].
JFTF—E f: A = B, EANIFREN 1 AREREL

151 16.
L f(x) =x+2, g(x) =x? TE R — R BIREL, WENE:

- FHIREREDN 1 (x) =x—2.

- g AEWE, REUCARFERREL
« fog(x)=g(f(x) =x>+4x +4
« gof(x) =f(g(x)) =x2+2
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EE17.
TR F:A—-B, g:B—>C, N:

1. &5 g #ERE, W fog BEREH.

&£ g BRHE, N fog tLRHE.

& fH g #HEX, W fog BEXWE,
f=folg=1Ipo0f

ETEXNG, WE fof =14, flof=Is.

o~ W N
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P RS STRRAEEIMER

IEER.

1. ARIZRTFETE x1,x0 € Ast. fog(xi) =foglxs), W g(f(x1)) = g(f(x)), HTF g 2L,
M f(x1) = f(x2), BT f 2R, A x; =xo, B fog 225,

2. X¥vxeC, FEyeBst gly) =x, BF f 2%, NMFEzc Ast f(z) =y, N
mfog(z) =x, BIfog2iHET,

3. HERAMRTSEE,

4. FIE f=folg.

(xyefexy efAlyy)elp e (x,y)efolp
5. RﬁE fof™ 1= Ia.

(x,y) € fof 1 & Jz(x,z) e fA(z,y) e f L & (z,x),(z,y) ef L ex=y < (x,y) € Ia
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p TIRESHNEE

HMBRES Z B X/NENTUBTENECkEE, BENTERES, BihznfaEs
HX/NIR?

- N, Q, RIBPEKX?

Fofl IR FET B AT B SRX TOPRE ST IR,

20
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EX 18 [E&5B].
S A BEBRNES, WREE— N f:A—>B, WIRAS5BSH, iIc/fFA~B, &
A F1 B REHE, NHE/E A # B.

o

o— |- ———----o
o— |- ———----o
o— |- ———----o
o— |- ———----o
o— |- ———----o
R e I )

>

FHXRWE P BRM. MR, FEE, AmER—1FMNx

21
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5 19.

N~ Z.

1.

22



p FHESHFTF (1)

{5l 20.
2. N~NxN.

- f:NXxN—=N

f((mn)) _ (m+n+;)(m+n] +m

H#ie 21.
N~ Q.

23
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FHRESHIEF (1)

51 22.
3. (0,1)=1[0,1] =[a,b] =R, XE a,beR

« [0,1] = [a,b] 2EEM, EE £:00,1] = [a,b], f(x) = a+ (b —a)x BIT],
- (0,1) ~RtE2ERH, EZ tan uéﬂz, ZB f:(0,1) - R, f(x) = tan(Z52Lm) BT,
=REFHAIFIRE [0,1] ~ (0,1). &E

i x=0
f:00,11 = (0,1), fx) ={ L5, x=1 neN
X, otherwise

f 2T IETRREL

24
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EHRIMR

HAIMERKE—FEENMER,

EIE 23.
SFERNES A, &8 0,1 ~ Z(A).

EREBRE, A NFEEARNESS A 2/ {0,1} IRHEEFS.

IEBR. #95& 22(A) — {0, )™ BOREUNT: f(A') =xar, XE xa 2 A’ BUFEREL

fREBHE, BEA AA”, WEExecA st.x¢ A", N f(A)(x) =1, f(A”)(x) =0.
f 2HH, NFERNge{0, 1}, @B={xcAlgx)=1}, Wf(B)=xs =g

25
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EIE 24 [Cantor,1873].
N#R

IEBA. RIS/ N 2 R 89059 £, B f oJARRA0F:
f(O) = b1.011C112(113 e
f(].) = b2.a21a22a32 e

f(2) = b3.031(132(133 .

XERZEE—NLHED2TREIRINE, WENZFRTEOISEE x = 0.cicoc3 -+ HWE:
Ci # Qij

HENX, RMFEEEA n e NfES f(n) =x, X5 f 2WSFE, B N#R.

I RMENIERTI LIS H 2 (A) # A XTI ERIRIEX BT %,

26
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MARITERE, HMJUEH N R OXNAE, BEMEHR(IUEL R EENEX, B4
N AEEEGHIR/NE?

- M ERSIRE!
EX 25.
<A BERIMES,

- WREFEE AZE BBEERE, WIRBMAETA, ILfFA<B, &EBAMLBTFTA,
MIE/E A £ B.

- WNREFEE AR BIEFREFEA«B, WiRBEMBTFT A, i2fFA<B, &B
REMBF A, WiclEA £B

27
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151l 26.
1. N<R, N<R

2.A<A, ALA.
3 MR AEBFE, MA<B.

5|12 27.

BB MBT A ZENE AMEDNBHFEB FH.

N~ 1

D) L bmiakE
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TEIE 28 [Schroder-Bernstein EIE].
MERA<BHEB=<A, MA=B.

IEER. BIRTEE A B B B985 f, B B A B985 g, BIAENES Ci
Co =A —ran(g), Cit1 = g(f(Cy))

Ci
EEITEE: hix) = {f(") CC M hx) B A B B BIET,
g t(x) otherwise

A Cy Cy Cy

NANTNON N T

B:
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B n e NOJLIEMNTHES {0,1,2,...,n— 1}, HEEZAINNEREMNRFHNITIE,
BT UR—EXESHELL,
EX 29 SE8EH
SIFES A, B, EEH DB card(A), card(B) &, HiE:
card(A) =card(B) & A~ B
155089,

- EESASENBAEnFY, W A OEHICF card(A) =n.
- BRAYES N BEHICHE X,.
- IHES R PEHECE X1

30
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FAMIERE X EEHIKR/N,
EX 30.
<A BAKS, WHMNE:

1. card(A) < card(B) & A <X B.
2. card(A) < card(B) < card(A) < card(B) Acard(A) # card(B).

- BIPBEHANENTBRYNESTRFERES, XXEHBMFESEL.
© EHEENEHU X, Xy, .. RIELHSEL,

REFEL X ERNEL? F4E, i 2(R) (9EH,

31
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HARRE R TS - 5.

EX 31.
S ANREES, & card(A) < Xy, WK A RoHEHETINES.

O ENE IR

B Bk, oIENRBRME—RR, HNTLURMEESIZEE, BIE—FiRE
HE I,

TEX 32 [EMENX].
ABOHELENY A~ NHE A BERE

32
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- N,Z,Q 2o,

- R 2ATHN,

- HABEOUHA, WAUB, AxB 2.,

- IEANITHENFKIBR T,

- WTFERNESES A, ANEE 2(A) 2RTHH.

IRE 33 [ELESERIZ (Continuum Hypothesis,CH)].
AEFE—DES AHBE No < card(A) < 280(X,).

X FIEEFRIR

« X2 Hilbert 1289 23 MA@ P H9E—NalRR,

- BRIELBILE, EINENAEBUERES T, BEAEIIIEEXNE, BARIIBEEEN,
(ZFC ¥ CH, ZFC ¥ —CH)

33
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RIRLEH TEX LR, HEEEH—MEFRAERIZ LR ?

< BMARDEE, KX EBEEIM,

- BAZNSLEL, FMTE= DR AR EEA,

- WA N—EEAN, KERRER.

C MARD—ZEAL, ARE-_TEEANEERE—TEEAIINRIREI.
- BA—MER, HIEESSMBALER,

HENEIEEN?
LREmEa Rt ENNEEN, LR RS TRNAENNS:

1. XANERRS] LA T EALARIR IS ?

2. NRERIARERRIR, MRETEHNHEN, LWMEFHEN, BEEHRR?

35
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Input : x
.
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Program P

| 5 Output:y

EFE—MEF LR ERRIE—TES

I">=T

B9TTEAEERE, BD:

- Ll ={(xyly 2 xBARER P TENBELE), BEFIHRLEBRIER (x,y) € Lp?

36
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. True

(z,y) » (z,y) € Lp?

False

< FNTLUH—HE (x,y) BB w, RIREFERERN A,

- R2Lp 2 A LN ENES, Lp FA—MEE (language).
- —NERLPR EEEAATIE: we Lp, BIXFESEEEEKIRA (recongnize)?

HENBEIRATAES?

37



P HENIIHMR-HTEERE (1)

HNBREE—THENLS,

El: Intel 4004-F—XEESH

©) Lt 4wt x%
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P HHENIIHMR-TERE (1)

SRPIHENRIFEERY, BHFRNSE—EHREITERE L1918,

- Bl (Automata)
- BER# (Turing Machine)

Ny

- AEE (A-Calculus)

R
EIRMNBEEHFZIC BRT 1936 FiREN—IPBANTETAMRUEFEE
M, EEHKOEX—FHERE,

t0/o]o|ofo]zlz]B]o]o;

(9

HIRBBEERNOERAT, REINREFN BT EN LS ETRRFE I LA
ERANLIEN T,

39
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FAMAER BT LUE AT E a0

EX 34 [BIREIRBIES (Turing Recognizable)].
NF—MES L, IRFE—SERNNEERZES, BINTAERN we L, EIRVEEH
i 1(True), NFR L 2ERTIRBIH,

EX 35 [BIRTT¥IEIES (Turing Decidable)l.
NF—MES L, IRFE—SERNEHEZES, BINTAERNwe L, EIRVEEH
t 1(True), HFENTEAT w ¢ L, BRHEEENFELE 0(False), MR L 2ERTHE
89,

BAVEHE RV T E B REFRE T i E K] (computable function),
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AT HEOFRE, RIRFERRZ{0,1,#)

L={0"n >0} 2ERTR5IH, B2ERTTHEN,
L ={x|x 2EIX$H} 2ERNRG, B2ERITHEN,
L = {x#y#zlz = x +y} REER TR, CRERITHEN.

ERFMNENNEE, FAFEERATHEN. EERERATRAENES?

Yes!

41
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EIE 36.
< Haltrm ={(M, w) | BRI M EBA o £BEFENL). Haltrm 2ATTHEN.

X EIEHLITRA (Halting Problem) BIFUA

IEBA. RIRFE—TERN H, (£15 H 88¥%E Haltry, BIFA)A:

1, MR MBEERA 0 L=
H(M,w) =
0, MR M BEEBA w LR

HAIRME—SFERH D.

42
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iEEA. 2. D B9MISINT, BRISEBMA—TERN (M)(3A1B (M) RERERH M 69—
PEBFR):

1. 1517 H(M, (M), BIER HETERI M AR EBEES (M) BIREREN.
2. B HM, (M) BITERBNER, BIWR H(M, (M) =1, WhaiT—MEER, k2,
W1,

Bl
Dy = RMERA M) LR
SEEER, MR MAEBA (M) LA
BRRITE:

D(DY) = 1, R D ERA (D) LA
LB, W D EHA (D) L=

43
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HMNBRENLGNE—TXMER, NTHERE, € co BRBEATER,

(M1)  (Mg) (Ms)  (My) (D)
My 1 00 1 o0 1
M, 00 1 1 1 o0
M3 1 1 00 1 1
My 00 1 1 00 1
D 0 00 1 1 ?

- PR TE ) FINTERRR M BRA (M) 28185, B H(M;, (M;)) B98I
- MR D EER, VX MEBRENZE 1 L2 o 87

=)

b
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P EHAEI AR HE DA

FXL L, AoUHENOBTES T oI HENER, than:

- Atv ={M,w) | BRYL M 8EEZ w).

c Erm ={(M) | BIRH M BEIEZTE €,

- L={M | MIFEEN n B9EATTATE n? + 100n + 92 BIET BN H R,
- (BREEE 10108 ZEBEHEESEBEHR?

A EREREAHTEERANTHEYN, EELMIIEEEREIRBI, AHA? GLlEE
REHER!

BRBERANTIRFIENESR? Yes!

TEIE 37.
Arv RERTIIRAIN,

45
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BERER, BN TIHESRINCHEETERNX—REE, BRNRE—MRE, it
BROASAZER? ton,

- EFUHENSASHERNBHERNER? XEFROVENEEIR. HEESHE

Po

Nol

FZF-ER1EA (Church—Turing thesis)
THERSREERN TSR, BB, ST SR EE ST,

EF-BRICEERFH], JHEX— LR 2T FHHEERN, EMERBI118E
MWEXSWIEROIE., EFHENTIHESEE, REE— 1 oENBRSmMTTLT .

46
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4 4+
ISEa
Kﬁ &4 4+
Y[} = |

Bk GNE= YN

o HEHIEN,

o BES. WG, W,

o REHNEEMREL,
- EEHNEH

o FHBHD.

o EEBHHR.

o DJHESATHE
- I EMIESEN

o HEEEHSHEEE,

o AEJHIEDA,
o EF-ERICHE

o ERTNRAIMSERTHEM.

PR LR

Shanghai Normal University
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